The concept of cellularity in Euclidean n-space was introduced by Morton Brown in (8) . Relationships between cellular sets, point-like sets, and certain decomposition spaces in finite-dimensional spaces were established in ( 6 ) .
In particular, in Euclidean n-space, a set is cellular if and only if it is point-like. Properties such as these have been used in studying topological n-manifolds. Perhaps general izing these concepts to infinite-dimensional spaces will lead to the study of "infinite-dimensional manifolds." Such manifolds which are locally Hilbert space are currently being investigated, see for example (19) .
Throughout this dissertation E will denote an arbitrary normed linear space, and 6-will represent the zero element of E. For any positive real number r and any x 6 E, let
For convenience let (e) and = S^(e). and 1^
will represent Euclidean n-space and Hilbert space, respec tively, and X will denote an arbitrary topological space.
Finally for a subset Y of X, Int Y, CI Y, and Bd Y will be used to indicate the interior, closure, and boundary of Y in X, respectively.
Many techniques used in proofs of the theorems in this dissertation owe their existence to Theorem 1.1 which is due to V. L. Klee.
Theorem 1.1. Let E be an infinite-dimensional normed linear space. Let B be a bounded, closed, convex subset of E, and let A be a compact subset of E contained in Int B.
Then there exists a homeomorphism from B onto B -A which is the identity on Bd B.
Klee first stated this theorem for nonreflexive normed linear spaces (13^. Later, in (14) , he indicated that the theorem could be generalized to arbitrary infinite-dimenslonal normed linear spaces by applying the following lemma. By a linearly bounded set is meant a set such, that its inter section with any infinite ray is bounded. Lemma 1.1. Every infinite-dimenslonal normed linear space contains a decreasing sequence of unbounded but linearly bounded, closed, convex sets whose intersection is empty.
A number of useful corollaries follow from Theorem 1.1. This class of homeomorphisms is a primary tool used in proofs of many of the theorems which follow. Proof. Define H^ = h^. Since h'^h^CB^) is bounded in E, choose N^ such that hg^h^CB^) c: Bj^ (h2^hQ_(6-) ).
Suppose the numbers N^ and the homeomorphisms H^ from E into Q. have been defined for 1< i < k such that -h?}-, H. Proof. Let h" and h" be homeomorphisms from E onto A y X -ix} and X -{y} respectively. Without loss of -1 generality assume that h~ (x) = 6-. Since X is Hausdorff., C of E is a closed E-cell in E, then C will be said to be a closed cell in E. This example then also, shows that a strongly cellular set in E dâg-s not necessarily have the fixed-point property, and therefore is also not necessarily an absolute retract. Proof. It is clear that the theorem is true when E is finite-dimensional, so assume that E is infinite-dimensional.
First suppose that A is strongly cellular in E but that Then C is not connected, but {fh^g^(B^) } is a cellular sequence for C.
The following theorem gives simple examples of compact subsets of an arbitrary normed linear space E which are not strongly cellular in E. Its proof is based on theory which can be found in chapter ten of (4). 
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By continuity properties of the Cech homology theory, Hq^( n is isomorphic to the inverse limit of 1 •
Since each C. is a normal space, H (6^) = H^(C.) for 1 q 1 q X Vf* V each, q and i (H^ denotes the qth Cech homology group using finite coverings). The closed unit ball in E is Vf _ contractible, so that each H^(C^) is the qth homology group of a point. Therefore each. H^lC^) is the qth homology group of a point, so that so also is A) = Proof. Let g be a homeomorphism of (B^, S^) onto .
(C, Bd C), and let h be a homeomorphism of (B^, B^) onto homeomorphic to EBut E -B^ is homecmorphie to E when E is infinite-dimensional, so that E -A = E -= Leinma_J_^. Let G be a closed cell in E, and let f be a.homeomorphism of the pair (B^, S^) onto the, pair (C, Bd C).
Then there exists a homeomorphism h from E onto itself such that h 1 B^ = f 1 . Proof. This clearly holds for E finite-dimensional, so assume that E is infinite-dimensional. Let x 6 E -C and & > 0 be such that x ^ P be a homeomorphism of E onto itself so that P(B^^g) = B^ and P | B^ = identity. 
